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Abstract. We present Very Large Array observations at wavelengths of 
2, 3.5, 6, and 20 cm, of angular broadening of radio sources due to the solar 
wind in the region 2–16 solar radii. Angular broadening is anisotropic 
with axial ratios in the range 2–16. Larger axial ratios are observed 
preferentially at smaller solar distances. Assuming that anisotropy is due 
to scattering blobs elongated along magnetic field lines, the distribution 
of position angles of the elliptically broadened images indicates that the 
field lines are non-radial even at the largest heliocentric distances observed 
here. At 5R , the major axis scattering angle is ~ 0.7" at λ= 6 cm and 
it varies with heliocentric distance as R–1.6. The level of turbulence, 
characterized by the wave structure function at a scale of 10 km along the 
major axis, normalized to λ = 20 cm, has a value 20 ± 7 at 5R and varies 
with heliocentric distance as R–3. Comparison with earlier resu lts suggest 
that the level of turbulence is higher during solar maximum. Assuming a 
power-law spectrum of electron density fluctuations, the fitted spectral 
exponents have values in the range 2.8–3.4 for scale sizes between 2–35 km. 
The data suggests temporal fluctuations (of up to 10%) in the spectral 
exponent on a time scale of a few tens of minutes. The observed structure 
functions at different solar distances do not show any evidence for an 
inner scale; the upper limits are l k m at 2 R  and 4 km at 13 R . These 
upper limits are in conflict with earlier determinations and may suggest 
a reduced inner scale during solar maximum.
 
Key words: Sun: solar wind, scintillations, angular broadening—Methods: 
observational, radio imaging. 
 
 

1. Introduction 
 
Scattering of radio waves in an inhomogeneous medium leads to angular broadening 
of radio sources which can be measured using suitable interferometers. Under certain 
scattering conditions, the intensity of the radio source fluctuates with time giving 
rise to the phenomena of scintillations. Interferometric measurements of angular 
broadening is useful in determining several properties of the scattering medium. The 
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mutual coherence function, which an interferometer measures, is directly related to 
the wave structure function of the scattering medium, which, in turn, is related to 
the spectrum of the density fluctuations (Coles & Harmon 1989). Any anisotropy in 
the scattering medium, which may be related to the orientation of the magnetic field, 
is directly obtained by either a radio synthesis image or a model fit to the measured 
visibilities. In the case of interplanetary scintillations (IPS) the intervening medium 
is the solar wind, which is an outflowing plasma generated near the sun and accelerated 
outwards to reach a velocity of ~ 400 km s –1 at ~ 30 solar radii (R ). Angular 
broadening of the strong radio source, Crab nebula, due to scattering in the solar 
wind, has been studied using simple interferometers from as early as 1952 (Machin 
& Smith 1952; Hewish 1955; Vitkevich 1955; Hewish 1958; Slee 1959; Hogbom 1960; 
Erickson 1964) and in fact predates the discovery of IPS (Hewish, Scott & Wills 
1964). The first two dimensional images of angular broadening of the Crab nebula 
using aperture synthesis technique was obtained by Blesing & Dennison (1972) using 
the Culgoora radio heliograph. These early measurements, which were made at low 
frequencies ( < 200 MHz), had already established the anisotropy in the scattering 
medium as also the variation of scattering angle as a function of solar distance in 
the range 5-60 R      

The Very Large Array (VLA), which has an excellent instantaneous UV coverage 
with baselines up to 35 km and multiple operating wavelengths (λ = 1.3, 2, 3.5, 6, 20,
90 cm), is well suited for studying the scattering phenomena in the solar wind, 
especially at small solar elongations (2–20R ). The mean electron density in the 
solar wind varies as ~ R –2, where R is the distance from the Sun, and the magnitude 
of the scattering angle varies with observing wavelength as λ2. It is therefore possible 
to tune the degree of scattering at a given elongation by choosing observing wave- 
lengths appropriately. The high sensitivity of the VLA permits observation of even 
weak sources (typically < 1 Jy at 20 cm) whose lines of sight pass close to the Sun. 
Armstrong et al. (1986, 1990) were the first to use the VLA to study the angular 
broadening of the radio source 3C279 and obtain information on the wave structure 
function, anisotropy and radial dependence of scattering. Subsequently Cornwell, 
Anantharamaiah & Narayan (1989) used the VLA to obtain high time resolution 
(tens of milliseconds) images of 3C279 when its line of sight passed close to the Sun. 
( < 1°) and established the coherence properties of the scattered radiation. Narayan, 
Anantharamaiah & Cornwell (1990) used longer time-averaged images (~10 s) of
3C279 to show that refractive scintillation occurs in the solar wind and also that the 
area of the angular broadened image fluctuates in correlation with the total flux as 
predicted theoretically. 

In this paper we present angular broadening observations of three radio sources 
using the VLA when the elongation of these sources varied between 0.5° to 4°. The 
motivation for these observations was to study the nature of scattering in the solar 
wind close to the Sun at many different position angles. At each of the observed 
position these data provide information on the degree of anisotropy, orientation of 
the major axis and level of turbulence, which are, in turn, related to the orientation
of the magnetic field and the magnitude of the density fluctuations in the solar wind.
The measured visibilities (correlations of the electric field) are directly related to the 
wave structure function of the scattering medium (Coles & Harmon 1989; Armstrong 
et al. 1990) from which we can obtain the spectrum of the density fluctuations which is 
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assumed to have a power-law form. It may be mentioned here that for the range of 
elongations observed here there is no direct way of measuring either the magnetic field 
or the density fluctuations, since the region is too far from the Sun for solar magneto- 
grams and too close to the Sun for space probes.

The integration time of the scatter-broadened images obtained here is typically 
~ 10 minutes and therefore correspond to the so called ‘ensemble-average’ regime as 
discussed by Narayan et al. (1990) and Goodman & Narayan (1989). This regime is 
obtained when the integration time tint > tref = θsD/V where θs is the scattering angle, 
D is the distance to the scattering screen (= 1 AU here) and Vis the transverse velocity 
of the medium with respect to the observer. θSD (also known as the refractive scale 
rref) is the largest scale on the screen from which a given point in the observer plane 
receives the scattered radiation. Other length scales (and corresponding time scales) 
that come into play when scattering occurs are the Fresnel scale rF =√λD and
diffractive scale rdiff = λ/θS. rdiff represents the transverse scale over which the rms 
phase difference due to the phase changing screen is of the order 1 radian. The 
demarcation between weak and strong scattering regimes is at rdiff = rF. When 
rdiff <  rF scattering is strong and the angular broadening of the source (θS) is larger 
than the Fresnel angle (θF = rF/D). The behaviour of interferometric visibilities in the 
weak scattering regime has been discussed in detail by Cronyn (1972) and in the 
strong scattering regime by Narayan & Goodman (1989) and Goodman & Narayan 
(1989). Cornwell et al. (1989) have presented both theoretical and observational study 
of interferometric imaging in the ‘snapshot’ regime (tint < tdiff = rdifi/V) under 
conditions of strong scattering. A summary of the behaviour of scatter-broadened 
images in different regimes of integration time and scattering strength can be found 
in Narayan et al. (1990). 

In the present observations which cover an elongation range of ε = 0.5°– 4°, we 
find that strong scattering occurs for ε   1.0° at λ = 2 cm, for ε   1.5° at 3.5 cm, for
ε  2.5° at 6 cm and for the entire observed range of elongations at λ = 20 cm. The
diffractive scales (rdiff) in these regions of the solar wind range from a few kilometers 
to several tens of kilometers at these wavelengths (which is very similar to the range 
of VLA baselines) and the refractive scales (rref) are about a hundred to a few thousand 
kilometers. The corresponding time scales are tdiff ~ 0.01 – 0.5 s and tref ~ 0.5 – 50s 
if we assume the solar wind velocity to be ~ 350 km s–1. Notice that the length 
scales in. the solar wind are comparable to the baselines available in ground based 
radio interferometers such as the VLA and the VLBA and the time scales are 
comparable to typical integration times used for visibility and image measurement. 
Furthermore, anisotropy, which is caused by the relatively strong magnetic field 
(compared to interstellar conditions) in the solar wind is easily measured with these 
interferometers. As such, solar wind offers the right conditions for testing many 
predictions of scattering theories.

This paper is organized as follows. In section 2 we describe the observations and 
calibration of the data. Section 3 describes imaging and image analysis in which we 
obtain the angular size and orientation of the major and minor axes of the scatter-
broadened images. The measured visibilities are analysed in section 4 in terms 
of the wave structure function of the scattering medium and also through least squares 
fit of a scattering model with parameters such as anisotropy, scattering strength, and 
index of the power law spectrum of density fluctuations in the medium. Finally, the 
derived parameters are discussed in section 5.

⋝ ⋝ 
⋝ 
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2. Observations 
 
Observations were made using the Α-configuration of the VLA during the period 
2–6 November 1988. Three sources, 1430–155, 1437–153, and 1443–162, which are 
considered as VLA calibrators (i.e. they are unresolved over the range of VLA 
baselines) were observed each day at two or more wavelengths chosen depending on 
the elongation. These sources have flux densities in the range 0.50–9.0 Jy at our 
observing wavelengths. In Fig. 1, we show the positions of the three sources with 
respect to the Sun on different observing dates. Columns 1–3 of Table 1 gives the 
source name, date of observation, elongation and observing wavelength. Columns 
3–5 of Table 2 gives the heliographic latitude, position angle of the line joining the 
direction of the source and the centre of the Sun measured clockwise from north and 
the Carrington longitude for the different dates. One of the main problems of observing 
close to the Sun is that the strong radio flux from the Sun's disk can enter through 
the side lobes of the primary beam of the antennas and corrupt the visibility 
measurements of the source. The problem is especially severe at longer wavelengths, 
where the primary beam is large and the Sun is stronger, and for short baselines, for 
which delay decorrelation is less. The smallest elongation where useful data could 
be obtained at our longest observing wavelength (λ = 20 cm) was ~ 1.3° and at the 
shortest wavelength (λ = 2 cm) it was ~ 0.5°. 

Each source was observed for about 10 minutes in the standard VLA continuum 
mode with a bandwidth of 50 MHz and an integration time of 10 seconds per visibility. 
At each wavelength, data was recorded from both polarization channels in two 
intermediate frequency (IF) bands. The instrumental phase and amplitude were 
calibrated using observations of the source 1354–152 which was > 10° away from 
the Sun. The amplitude scale was set by observing the source 3C286.

The three sources were again observed on 6 January 1989 when they were > 40° 
away from the Sun to determine their intrinsic structure. Two of the sources (1430–155 
and 1443–162) were found to be point-like and completely unresolved at all wave- 
lengths over the VLA baselines in the Α-configuration. However, the third source 
1437-153 was found to be a radio galaxy with a strong core and two weak and 
 

 

 

Figure 1. Position of the three observed sources with respect to the Sun on different dates. 
The number at each position indicates the date of observation in November 1988.
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Table 1. Parameters from scatter broadened images. 
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Table 1. (continued). 
 

Notes: (1) Numbers in parenthesis are 1σ errors and apply to the last 
 decimal digit of the value quoted. 

 (2) (x) indicates that the error could not be estimated. 
 (3) Formal error on the flux densities (column 3) is < 0.01 Jy. 

 

extended lobes which become stronger at longer wavelengths. Visibility data of this 
source on short baselines is noticeably affected by its intrinsic structure at λ = 20 cm. 
 

3. Imaging and image analysis 
 
Images of the scatter broadened sources were obtained from the measured visibility 
data using standard radio synthesis methods as implemented in the software package 
AIPS (Astronomical Image Processing System) developed by NRAO. A common 
problem in synthesis imaging with long baselines and short wavelengths is the error 
introduced in the measured visibility (especially its phase) due to the atmosphere. On 
the assumption that this error is only dependent on antenna positions, corrections 
can be derived using the technique of self-calibration (Cornwell & Fomalont 1989). 
In the present case however, care should be exercised since scintillations themselves 
will cause fluctuations in the measured visibility phase (and amplitude). In almost all 
the cases observed here, we expect stable scatter-broadened images since tint (~ 10 
minutes) is much greater than tref (< 0.5 minutes). It several cases, especially at shorter 
wavelengths, images made without the application of self-calibration showed artifacts 
indicative of effects due to the atmosphere. In these cases, we found that application 
of phase corrections obtained from self-calibration with either a point-source model 
or an initial model obtained from positive ‘clean components’, vastly improved the 
quality of the images. During self-calibration, we used a visibility averaging time tave 
of one minute which is much larger than the diffractive time scale tdiff (< < 1 s) and 
comparable to the refractive time scale tref. We therefore expect that the phase 
variations due to diffractive scintillation to be averaged out and there would be no 
modification of the scatter-broadened image. Cornwell et al. (1989) have discussed 
the case when tave < tdiff, and show that self-calibration in this regime actually removes 
the angular broadening because of the spatial coherence property of the scattered 
radiation. 

Some examples of scatter-broadened images which are well resolved in the present 
observations are shown in Figs. 2a and 2b. These images were obtained after applying 
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phase-corrections from self-calibration as explained above and deconvolving the ‘dirty 
images’ (Fourier transform of the measured and corrected visibility function) using 
conventional ‘clean’ For each image in Fig. 2, the direction of the line joining the 
center of the image and the center of the Sun's disk is indicated. Two main results of 
 

 

 

Figure 2a. Examples of scatter-broadened images at wavelengths of 2 and 3.5 cm. Elongation 
of the source and the wavelength of observation are indicated in each frame. Arrow indicates 
the direction of the Sun’s centre. The contour levels are – 0.5, 0.5, 1, 1.5, 2 to 10 in steps of 1 
unit where 1 unit is 43.8 mJy/beam for the top-left frame, 10.5 mJy/beam for the top-right 
frame, 4.1 mJy/beam for the bottom left frame and 26.7 mJy/beam for bottom-right frame. The 
restoring beam is shown in the bottom left corner of each image.
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Figure 2b. Examples of scatter-broadened images at wavelengths of 6 and 20 cm. Elongation 
of the source and the wavelength of observation are indicated in each frame. Arrow indicates 
the direction of the Sun’s centre. The contour levels are – 0.5, 0.5, 1, 1.5, 2 to 10 in steps of 1 
unit where 1 unit is 29.1 mJy/beam for the top-left frame, 2.0 mJy/beam for the top-right frame, 
8.0 mJy/beam for the bottom left frame and 11.1 mJy/beam for bottom-right frame. The 
restoring beam is shown at the bottom left corner of each image.
 
these observations are evident in Fig. 2. First, the scatter-broadening in the solar 
wind is highly anisotropic at small elongations in. agreement with earlier findings 
(Hewish 1958; Hogbom I960; Blesing & Dennison 1972; Narayan et al. 1989, 
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Armstrong et al. 1990). We find that the axial ratios are in the range 2–16 depending 
on the elongation and position angle. In Fig. 3, we show schematically the elliptical 
shapes of the scatter-broadened images at different positions with respect to the Sun 
at four different wavelengths. The second result is that the orientation of the major axis 
deviates significantly from being normal to the radial from the Sun's center. At some 
positions, the deviation is in the range 50–75°.

An elliptical gaussian source was fitted (using the procedure JMFIT in AIPS) to 
each of the observed scatter-broadened image to obtain the angular size of its major 
and minor axes, the position angle and the total flux. The fitted values along with 
the formal 1σ errors are given in columns 4–7 of Table 1. Column 8 of Table 1 gives 
the anisotropy ρ=θmaj/θmin obtained from the images. 
 
 

4. Visibility analysis 
 
Although the images shown in the previous section, which were obtained by Fourier 
transformation of the measured visibilities, provide a good visual picture of the scatter 
broadening and give quantitative estimates of the scattering angle and anisotropy, 
there are likely to be some biases. For example, if the scatter-broadened images are 
not gaussian in shape (as would be the case for a power-law spectrum of density 
fluctuations), then the fitted parameters will be biased. However it is possible to 
directly analyse the measured visibilities in terms of the scattering parameters. The 
measured visibilities are the time averaged electric field correlations between different 
points on the ground given by 
 

V(s) =〈E(r)E*(r + s)〉 (1)
 
where s represents the baseline vector. The spatial coherence of the electric field 
described by the mutual coherence function is simply the normalized visibility 
given by 
 
 

(2) 
 
The mutual coherence function (equation 2) lends itself to straightforward interpreta- 
tion in terms of the scattering properties of the medium and also the spatial spectrum 
of electron density fluctuations in the medium. The relevant theory is discussed by 
Coles & Harmon (1989) and Armstrong et al. (1990). Briefly, the mutual coherence 
`is related to the wave structure function D(s) = 〈[φ (r) – φ(r+ s)]2〉 by 
 

(3) 
 

 (3) where φ(r) is the geometric phase delay on a straight line path from the source to 
the observer at position r. If the scattering medium is characterized by an electron 
density fluctuation spectrum of power-law form PNe(q)  ∝ q –β for qout < q < qin, where 
q is the wavenumber, then the wave structure function also has a power law form 
given by D(s) ∝ sß–2 for 2 <β<4. Furthermore, at the inner scale sin = 2π/qin the 
structure function breaks to the form  D(s) ∝  s2 . A plot of logD(s) versus log(s) can
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therefore be used to obtain the value of β and also the inner scale if it falls within 
the range of baselines covered by the observations. Note that useful measurements 
of the structure function can be obtained only over the range of baselines covered 
by the observations and only when the scatter broadened source is partially resolved 
by the interferometric array. Since the structure function D(s) scales as λ2, different 
wavelengths are effective for different range of scales in the scattering medium. Since 
the range of scales in our observations are fixed by the range of VLA baselines and 
since scattering angle increases with decreasing elongation, observations at shorter 
wavelengths (e.g. 2 cm) provide information at smaller elongations and those at longer 
wavelengths (e.g. 20 cm) are useful for larger elongations.

Application of the above to the present observations is slightly complicated due 
to the anisotropy in the scattering medium. Anisotropy implies that the scattering 
blobs are preferentially elongated in one direction, presumably along the local 
magnetic field lines. If we assume that the shape of the electron density fluctuation 
spectrum is independent of direction (i.e. index β has the same value along all 
directions) then PNe(q) ∝ [q2 +(qy/ρ)2]–β/2 , where ρ is the axial ratio of the blobs 
and the x-axis is chosen along the direction of elongation in the plane normal to the 
line of sight. Note that any elongation along the z-direction is projected out. The 
structure function has the form D(s) ∝ [sx

2 + (ρsy)2](β –2)l2. In the present
observations, the baselines s are distributed in the xy plane and the orientation of the 
major axis varies from source to source. A plot of D(s) versus s of all the data will show 
a lot of scatter since the scattering angle is a function of position angle due to the 
ellipticity of the image. However for baselines with the same orientation (e.g. baselines 
lying along one of the arms of the VLA), the mutual coherence function Γ(s) and 
therefore the structure function D(s) will show a simple monotonically increasing 
behaviour with s. 

In Fig. 4, we show plots of log D(s) versus log(s) from one of the observations 
for five sets of baselines; three corresponding to the three arms of the VLA and the 
other two to the baselines along the major and minor axis of the scatter-broadened 
image. To make these plots, the visibilities on each baseline were averaged over the 
duration of the observations (~ 10 minutes) and therefore correspond to ensemble 
average visibilities. Within the errors, the slopes of log D(s) versus log(s) plots in 
Fig. 4, corresponding to the 5 sets of baselines, agree with each other indicating 
that the value of β is independent of direction. Plots, similar to Fig. 4, were made 
for all the 36 observations shown in Table 1. Out of these 36, 12 showed well 
determined structure functions with consistent slopes along the five different position 
angles. In the remaining 24 cases, 8 each had structure functions well determined 
along 4, 3, and 2 position angles. In these 24 cases, the structure function was not 
well determined at other position angles since the source was either resolved or 
unresolved on the available baselines. The average value of the spectral exponent β 
obtained from the slopes of log D(s) vs. log(s) plots is given for each case in column 15 
of Table 2. 

The value of the structure function along the major and minor axis of the image, 
at s = 10 km and scaled to λ = 20 cm, are given in columns 12 and 13 of Table 2. The 
values obtained from observations at different frequencies are consistent within the 
errors. We further examined the consistency of the data obtained at different 
frequencies at a given elongation by making plots of log D(s) vs log(s) for the same 
position angle. An example is shown in Fig. 5. For comparison the structure function 
 

x



 

Figure 4. Structure function, scaled to λ = 20 cm, along five position angles for the source 
1430155 observed at an elongation of 1.2° and λ = 6 cm. The position angles and the slope 
of the fitted line are given in each frame. The position angles correspond to the three arms of 
the VLA and the major and minor axis of the image. The slope of the structure function is 
equal to β-2 where β is the exponent of the power-law spectrum of electron density fluctuations
defined as PNe (q) ∝ q–β. 

400 
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Figure 5. Structure function at 2, 3.5, and 6 cm, each scaled to λ = 20 cm, for the source 
1443–162 observed at an elongation of 0.9°. The position angle is – 74° and corresponds to 
the east arm of the VLA. The slopes of the fitted lines and their errors are also indicated.
 
 
at each frequency has been scaled to λ = 20 cm. Fig. 5 shows that, although the 
magnitude of the structure function is roughly consistent at the three frequencies and 
follows the expected λ2 law, the slope of the function decreases systematically with 
increasing wavelength. Since the range of baselines (s) over which the slopes are 
determined at the three frequencies are nearly the same, this variation cannot be 
attributed to any possible change in the spectral exponent with scale size. Presence 
of any inner scale within these range of baselines is also ruled out since no break is 
seen in the slope. We examined eleven cases for which well determined structure 
function (as in Fig. 5) could be obtained at more than one frequency and found no
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Figure 6. Structure functions, scaled to λ = 20 cm, at all the observed elongations. Wavelength 
of observation, date, source name, position angle of baselines and the elongation are given for 
each frame. For example, the top left frame is observation of the source 1443–162 at u band 
(i.e. λ = 2 cm) on 5th Nov. at an elongation of 0.43°. The position angle chosen is 1°. The 
nomenclature for the wavelengths are x = 3.5 cm, c = 6 cm and l = 20 cm. For each elongation, 
we have selected a wavelength and position angle which gives a well determined structure 
function over a reasonable range of baselines.
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clear trend in the behaviour of β with λ; in three cases the exponent decreased with 
frequency as in Fig. 5, in two cases it increased, in four cases the exponent remained 
constant within the errors and in two cases the exponent first increased and then 
decreased. Given this behaviour and the fact that the observations of a given source 
at different frequencies were separated by 30–35 minutes, we attribute the observed 
variation in β to temporal fluctuations on a time scale of a few tens of minutes. Such 
temporal variation in β may be expected since it has been shown (Manoharan et al. 
1994) that the spectral exponent varies with the velocity of the solar wind which 
fluctuates on a variety of time scales.

In Fig. 6, we present the structure function obtained at the 14 elongations where 
observations were made. For this plot, we have chosen, for each case, an observed 
frequency and a position angle for which the structure function is well determined 
over a reasonable range of baselines. For comparison, all the structure function values 
have been scaled to λ = 20 cm. In all the cases shown in Fig. 6, there is no clear 
indication of an inner scale at which we expect the slope of log D(s) vs. log (s) to 
change from β – 2 to 2. In some of the cases, the structure function shows a scatter 
near the shortest baselines due to the source being unresolved. We estimate upper 
limits to the inner scale as the shortest baseline down to which log D(s) shows a 
linear dependence on log (s) in the plots shown in Fig. 6. These limits are given in 
column 11 of Table 3.

In the above method of analysing the structure functions, only a part of the data 
is utilized in determining the value of β, since only baselines lying along a selected 
position angle are used. In order to use all the visibility measurements, we follow 
the method discussed in Narayan et al. (1989) which was based on a theoretical 
treatment of anisotropic scattering by Narayan & Hubbard (1987). In this method 
the ensemble average visibilities of the scatter broadened image are predicted on the 
basis of a five parameter model and compared with the measured visibilities. The 
five parameters are then optimized using a least-squares fitting algorithm. The model 
visibilities are given by 
 

〈 V model (u,v) 〉 = F × exp[ – (au2 
 + bv2) y] (4)

 
where F is the flux density of the source, ut = u cos θ + ν sin θ,vt = — u sin θ + υ cos θ, θ 
is the orientation of the image with respect to the u-axis, γ = (β – 2)/2 where β is the 
power-law index of electron density fluctuation spectrum and x0 = (1/α)1/2 and 
y0 = (l/b)1/2 are the scale lengths along the major and minor axis of the scatter 
broadened image. These scale lengths represent the baseline at which the visibility falls 
to 1/e of its zero-spacing value, ρ = yo/xo is the magnitude of anisotropy. 

The complex visibility data on each of the 351 baselines, taken with an integration 
time of 10 seconds, were averaged over the duration of the observations (~ 10 minutes) 
and over two frequency channels and both polarizations. Self-calibration applied to 
the visibility data as described in the previous section ensured that the source is at 
the field centre and since the signal to noise ratio on each visibility measurement is 
sufficiently large (typically > 10), we fitted the magnitude of the 351 observed 
visibilities to the model given by equation 4. The five parameters (F, θ, xo, yo, and γ) 
were optimized by minimising χ2 

v using a conjugate gradient search algorithm. χ2 has
the usual definition 

 
(5) 

 

t t

v v
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where the summation is over Ν visibility measurements and n is the number of free 
parameters. σobs is the rms noise on individual visibility measurements. If the model 
chosen is correct and there are no systematic errors, then, χ2

v will approach unity
when the model parameters are optimum. In order to compare the model and the 
observed visibilities, we define, following equation (3), a structure function at the 
modified scale sm 

 
(6) 

 
where sm is a modified U V distance given by 
 

sm = (aut
2  + bv2

t ) 1/2 (7) 
 
and V(sm) is the observed visibility on the baseline (u, v). The effect of equation (7) is 
to express the baseline lengths in terms of the fitted scale lengths x0 and y0 and the 
position angle θ. The structure function predicted by the model is also obtained by 
equation (6) by replacing the observed visibility by the model visibility Vmodel (sm) 
given by equation (4). Fig. 7 shows a comparison between the observed and model 
structure functions (equation 6) for one of the observations. In this plot all the structure 
 

 

 
Figure 7. Comparison of observed and model visibilities for the source 1437–143 observed 
at an elongation of 1.5°. Open circles are observations at λ = 2 cm, solid squares are at 3.5 cm 
and open triangles are at 6 cm. The observed structure function (equation 6), scaled to λ = 20 cm 
in each case is plotted against baselines which are scaled and rotated to match the fitted scale 
lengths along the major and minor axis of the anisotropic image and also its orientation. The 
scaled baseline lengths are (au2

t + bvt
2 )1/2 as used in equation (4). The fitted model given by

equations (4) and (6) is plotted as a solid line.
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functions have been scaled to λ = 20 cm. With the exception pf a few cases, there was 
good agreement (as in Fig. 7) between the model and the observed values. However, 
we found that the minimum value of χ2

v differed from unity by a factor of 2–10 or 
even larger in most of the cases. We attribute this to an underestimation of σobs, 
which was obtained from the observed fluctuations in the visibility samples with 10 
second integration by assuming that these fluctuations are independent in the four IF 
channels (two frequencies and two polarizations) and that the rms noise goes down

 

 

Figure 8. Time variation of the measured visibility in the two IF bands on one of the baselines 
(Antenna pair 21–27). The pair of dashed lines indicate the expected rms noise level for an 
integration time of 10 s and a bandwidth of 50 MHz which is used for the observations. The 
two IF bands are separated by 50 MHz.
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by a factor (1/Nvis)1/2 when Nvis visibility samples are averaged. Two factors have 
contributed to an underestimation of σabs; (i) presence of refractive scintillation with 
tref > 10s, which introduces partial correlation between many 10 second samples 
and (ii) the decorrelation bandwidth (c/dθ2

s, where θs is the scattering angle and d is 
the length of the baseline) is much larger than the separation between the two 
frequency channels which results in two of the four IFs being not independent for 
some of the baselines. That this is indeed true can be seen in Fig. 8, where we show, 
the variation of visibility on one of the baselines as a function of time for two IFs. 
A high degree of correlation is seen between the two IFs and there are systematic 
fluctuations in the visibility over a time scale of several tens of seconds. Presence of 
refractive scintillation in the solar wind with a time scale of few minutes had been 
established by Narayan et al. (1989). A value of χv

2 , higher than unity when the model 
parameters are optimised as described above is consistent with these observations.

The best fit values of F,xo,yo, θ and β (= 2γ + 2) along with their corresponding 
errors are given in columns 7–10 and 14 of Table 2. Statistical error for each parameter 
was obtained by using the variation of χv

2  with the parameter around its best fit value 
while keeping the other parameters fixed at their optimum values. The fitted values 
of β are consistent with the values derived from the structure function analysis above 
(i.e. slope of log D(s)versus log (s) plots given in column 15 of Table 2).
 
 

5. Discussion 
 
The observations presented here sample the scattering properties of the solar wind 
in the region 2–16 R  and a range of heliographic latitudes. The parameters obtained 
are the magnitude of the scattering angle, the level of the structure function, the 
anisotropy of the scattering blobs, the orientation of the magnetic field lines, the 
spectral index β of the electron density fluctuation spectrum and upper limits on the 
inner scale of the density fluctuations. These quantities are summarized in Table 3. 
 
 

5.1 Level of turbulence 
 
Following Armstrong et al. (1990), we characterize the level of turbulence by the 
magnitude of the structure function at a fixed scale of 10 km normalized to λ = 20 cm. 
This quantity computed along the major and minor axis (denoted by Dmajor and 
Dminor) of the scattered image are given in columns 12 and 13 of Table 2 and the 
average values for each elongation are given in columns 7 and 8 of Table 3. Fig. 9 
shows a plot of Dmajor and Dminor as a function of elongation on a log-log scale. The 
turbulence level shows a power law behaviour; the fitted slopes are – 2.7 ± 0.2 for 
Dmajor and – 3.0 ± 0.2 for Dminor. For a spherically symmetric solar wind having 
density variance proportional to the square of the mean density, the expected slope 
is – 3.0. From Fig. 8, the turbulence levels at 5 R  are Dmajor = 20 ± 7 and Dminor= 6 ± 3. 
For comparison, the corresponding values reported by Armstrong et al. (1990) (taken 
from their Fig. 4a) and ~ 7 and ~ 2 from observations in 1983 which is closer to a 
solar minimum. Our values are about a factor of 3 larger. This may represent the 
difference in the level of turbulence between solar minimum and maximum, since our 
observations are closer to a solar maximum. The value of the structure function at 
 



Angular Broadening in the Solar Wind 407
 
 

 



408 K. R. Anantharamaiah, P. Gothoskar & T. J. Cornwell 
 

 

Figure 9. The variation of structure function along the major and minor axis at a scale of 
10 km, normalized to λ = 20 cm, as a function of solar distance. The fitted lines have slopes of 
–2.7 ± 0.2 and – 3.0 ± 0.2 for the top and bottom frames.
 
5R  (normalized to λ = 20 cm) obtained by Coles & Harmon (1989) (taken from 
their figure 1), from spectral broadening measurements in 1984, is ~ 13. Since the 
structure function determination from spectral broadening data requires a knowledge 
of the solar wind velocity, a direct comparison with Dmajor or Dminor obtained from 
visibility measurements is difficult.
 
 

5.2 Angular broadening 
 
The magnitude of angular broadening (which, of course is related to the turbulence 
level discussed above) and its variation with solar distance is of direct interest to 
observers, for example, to determine the interferometric baselines required to study 
the scattering phenomena in the solar wind. The observed angular size along the 
major axis at λ = 6 cm is given in column 5 of Table 3 and plotted as function of solar 
distance on a log-log scale in Fig. 10a. The angular size of the major axis shows a 
power law dependence on solar distance R with a slope of – 1.6 ± 0.1 θmaj ∝ R – 1.6. 
This type of dependence is also seen in the angular extent of the minor axis and is 
consistent with earlier findings (Lotova et al. 1989, see also compilation by Hollweg 
1970 of earlier results). Angular broadening does not seem to depend on heliographic 
latitude. This is not surprising since these observations are made closer to the solar 
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Figure 10. Observed variation of different parameters with solar distance: (a) angular size of 
the major axis, (b) axis ratio, (c) deviation of position angle of the minor axis from the radial 
direction and (d) spectral index of the electron density fluctuation spectrum.
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maximum when the density fluctuations are expected to be spherically symmetric 
(Manoharan 1993). 

Presence of a transonic region in the solar wind .between 10–20 R  with enhanced 
scattering properties has been reported by Lotova et al. (1985, 1989). It is claimed 
that in this region, the scattering angles exceed the expected values based on θ ∝ R – l.6. 
In Fig. 10a, there are only 3 data points in the transonic region and they do not 
show any excess scattering. Further observations are required to confirm the existence 
of such a region. We note that VLA is well suited to investigate this region using 
observations at λ = 20 and 90 cm.
 
 

5.3 Anisotropy 
 
In the elongation range observed here (2–16R ), all the scatter-broadened images 
show anisotropy with the axial ratio ranging from 2 to 16 (Tables 2 and 3). The 
magnitude of anisotropy does not show any strong dependence on solar distance 
(Fig. 10b), although larger axial ratios tend to occur only at smaller elongations. 
Armstrong et al. (1990) report marked increase in the axial ratio inside of 6R . 
However, the difference here is that smaller axial ratios are observed at all elongations 
and larger axial ratios are observed only at smaller elongations. As seen in Fig. 11a, 
 
 

 

Figure 11. Observed variation of different latitude, of the axial ratio and the deviation of the 
position angle of the minor axis from radial direction.
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Figure 12. Examples of observe structured function along the major (open circles) and minor
(filled squares) axes scaled to λ = 20 cm. The observed source is 1430–155 at elongations of
1.19ºand 2.10º. The position angles of the major axis are – 20º and – 2º.
 
there could be a dependence of the axial ratio with heliographic latitute; images in 
the equatorial region seem to show less anisotropy.

Anisotropy in the scattered image implies anisotropy of the scattering blobs which 
is perhaps caused due to the blobs being ‘stretched’ along magnetic field lines. The 
amount of this ‘stretching’ may depend on the scale size and the density contrast. It 
is therefore useful to see whether anisotropy depends on the scale size sampled by 
these observations (i.e. 1–35 km). In Fig. 12, we show the observed structure functions 
along the major and minor axis for two of the observations. This figure could be 
compared with the schematic diagram of Armstrong et al. (1990) (their figure 6) which 
illustrates the expected behaviour when the medium is anisotropic on all scales and 
when the medium is isotropic near the inner scale. The structure functions in Fig. 
12 do not show any inner scale down to 1–2 km and therefore these observations 
cannot determine whether the inner scale is isotropic or anisotropic. Note that the 
scatter seen near the shortest baselines in Fig. 12, especially along the minor axis, is 
due to the source being unresolved and cannot be interpreted as any break in the slope 
which is expected near the inner scale. Since the structure functions along the major 
and minor axis, shown in Fig. 12, are essentially parallel to each other in the baseline 
range 2–35 km, we conclude that the anisotropy is constant over this range of scales. 
 
 

5.4 Orientation of the magnetic field lines 
 
The position angle of the minor axis of the scatter-broadening image indicates the 
direction along which the scattering blobs are stretched and therefore the local 
orientation of the magnetic field lines. In Fig. 13, we show the observed position 
angle of the minor axis at various solar distances. Consistency between the position 
angles derived from image and visibility analysis indicates that the values are reliable. 
It is clear that the field lines deviate significantly from the radial direction in many 
of the positions observed. In contrast, Armstrong et al. (1990) have observed that the 
position angles outside of about 2.5 R  is essentially radial. The difference could be 
due to our observations being closer to a solar maximum. The observed deviation 
does not have any strong dependence on radial distance (Fig. 10c) or heliographic 
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latitude (Fig. lib). When the kinetic energy density exceeds the magnetic energy 
density, one expects the field lines to be radial. The present data implies that, during 
solar maximum, the magnetic energy density could be comparable to the kinetic energy 
density even beyond 10R . 
 
 

5.5 Spectrum of density fluctuations and the inner scale 
 
On the assumption that the electron density fluctuations in the solar wind has a 
power law spectrum of the form PNe (q) ∝ q–β for qout< q < qin, where q is the 
wavenumber, the derived value of the spectral index β is in the range 2.8 to 3.4 with a 
mean of 3.1 (Tables 2 and 3) which is significantly small compared to the Kolomogorov 
value of 3.67. No dependence of β is seen either with radial distance from the Sun 
(Fig. 10d) or heliographic latitude. This value of the exponent applies to scale sizes 
in the range 2–35 km corresponding to the interferometer baselines used and is
consistent with the values obtained by Coles & Harmon (1989) and Manoharan et 
al. (1994) for similar scale sizes using other methods. We have carefully examined the 
structure function plots (see Fig. 4) for all the sources for baselines along the three 
arms of the VLA and also along the major and minor axis of the scatter broadened 
image. We find no instance of any significant change in the value of the exponent 
with position angles. In most cases the structure function is well sampled in the range 
3–30 km and could generally be fitted with a single slope with a value between 0.8 
and 1.4. 

Upper limits to the inner scale obtained by examining the structure function plots 
at various solar distances (Fig. 6) are given in column 11 of Table 3. The upper limits 
range from 1.5 km at 1.7 R  to about 4km at 13 R . The upper limits to the inner 
scale at solar distances 8–16 R  are more than a factor of two smaller than the inner 
scale values estimated by Coles & Harmon (1989) using spectral broadening data 
taken in 1984. If this difference is real, then we could speculate that the inner scales 
are smaller during a solar maximum.

It is clear that structure function plots such ass presented in Figs. 6 and 12, which 
can be obtained from interferometric observations are very useful in determining the 
 

 

Figure 13. Orientation of the minor axis of scatter-broadened images at the observed positions. 
The axis of Sun’s rotation and the equatorial plane are also indicated.
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spectrum of density fluctuations as well as the inner scale. The multiple operating 
wavelengths of the VLA has been especially useful in selecting the data at the right 
wavelength to get a well determined structure function at a given solar distance. It 
would be useful to know, before hand, the right wavelength to choose for the 
observations if one is interested in making useful structure function measurement at 
a given scale (i.e. baseline) and a given solar distance. As discussed earlier, useful 
measurements can be made only if the scatter-broadened source is just or partially 
resolved by the baselines of interest. Since the angular size of the broadened source
(θS) scales as λ2 and the resolution on a given baseline (θb) scales as λ/s, the right
 
wavelength of observation at which      1 is given by λobs = λ2/sθ0 Here θ0 is the
 
observed angular size at a wavelength λ0. Using the measured angular size given in 
column 5 of Table 3 and the power-law fit to θmaj versus solar distance R in Fig. 
 
10a, we get an empirical relation where R is expressed in units of R . 
 
This gives the preferred observing wavelength (within a factor of 1.5), for an 
interferometric array with baselines ~ s, to make useful structure function 
measurements at a solar distance R over scale sizes of the order of s.
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